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This is the final formula for determining the original moments m which the
measurements had before they were ranged into classes, when only the grouped
moments M are available. It obviously agrees with the expression (7) given
before for the Sheppard corrections®.

When numerical values are inserted, we get the following expressions for the
corrected moments of lowest order:

mo= M=,

m o= M,

m, = !\./\2-]—]2—d2,

my = M, -% 4’ M, , (20)
m, = M, =g d? My 4505 dt

ms = Ms-%dz Iy * 25 d4M] ,

me = Me'%dz M4+T7Z d4M2 1:33114 d©.

We note in particular that the variance has to be reduced by d2/12, whereas

the third moment remains unchanged if central moments are taken, i.e. for

M] =0.

As regards the exact conditions of validity for the Sheppard corrections,
see e.g. [4 Essentially, the class width has to be sufficiently small, but

demanding d K m, - m2I is often more restrictive than would he needed.

We note that (7) is indeed equivalent to Wold's form of the equation
n
_ ny . 1=k . gk :
m o= 2> ()@ -8 d M, (7')

which is usually given in the textbooks, as in (7') all the terms with odd k vanish
(for k = 1 because 2° - 1 =90, and for the others since BZi+'| =0for | > 1).

In particular, the apparent difference is therefore not due to the Bernoulli numbers,

as one might first suspect, for which an alternative set Bl'< is often apziied which

is related to the definition used above by B = (—l)kH for k> 1.
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